The spectrum of a """:3

e fumctor Spec lets ws  ogociate oo g,euvv»d‘lr(c é’to'u('
to e ch (/l't/\j,

Ef: et R he o HI/\J, et SP{,L,R danote e st ot
Privw_ (deal s AL R.

We define o topology  fwe Taviski topology  on Speck
o8 'F‘o((ows .

tgP}

For amy subset TSR, V(T):= P eSpeck

Note, \/(I)=V(iob.cd 4. by I\l 0 We  Can  bechrict cwe
Aefimtion  to ideals.

i -Pm.d‘, Iola e Prw[ms sechit \/ (IB: V(VOLO[ (I)B
V(T) ave T closed cts o twe Tariski ‘l'oloole:).
Note V(o) = SpecR ol V(R3=§/.

Claim :

D AV V(s T,)

LY V (T)U VD) =V(TnT)-v(TT)



P a) Pe (\\/(I,‘\ & PO VI, © Pf\/(i)IQ.

b)Y TT SINT,so \/CI‘J)Q\/(IOT\

[ £ 'PeV(I)U\/(']) twen P2T o J w0 (PET_(\T,
w V(TYUV (TS V(TNT).

N ow SULPPOS& P 2 IT }3\/«.'{‘ P ‘;bI . 1.e. Twere ig
nwe L but wueP V \/er UV&?) so ve P
Thus J <P = \/C-C)U\/(T)?\/<IT), O

Note twat a Silnjll, point et SPX is closed iff Pis
maxinval W subset of max!| idkalg s KV‘WSPCCLQ-)_

Geomfwcq\hj,'husc ape twe Po(vd—s w4 USua\(tj CUV\Qi(LW_

g_XZ (.) Spcc k['x] = E(:F(‘X)B} =Alk —F a Polljhovm'la‘.
£ ki a(jcbm(cq\ltj Closed, These are (n tve-to-ome
bijection W/ points o R aval (o)

X S()e_c(*’-[{-‘y’ pointy o k.

~—

'Z,X max S‘ac,(, \Q[’X,\%] = E(""";j-lo)l &)l’)&k} (}7—=|a.\
w e closed Pu(wf’s are n kid'e_dﬂ‘dv\ W/ kz

T ofkey points  of pec  cowvespond fu curves



ol f e by ivreaeci ble pultamvw'a(s 7‘(%@).

P spec B
~
g
Qt“e
o, %
"hy _7)'»&
c’l// ’h(/
(w-‘t. -b) /JXS 72‘(%4
2 Y s
f\ J 6\ /OJ
6_ f’q
;IU‘SCC/ f\ )((’;( 17\4‘)
th* X dé
/)(J;%‘t;“ J“‘o
V7 § ¢/, ‘c P
°7</a4¢ Oy
4 2 € X
(MDV‘( g,UV\.WqUﬁ , /A: = SM (k[m ..... S 'X».])\

Spec as o fian chov

Spec s a tonbravarionnt o dbor Hom h'fjs o 'h)po(cﬂl'wl

Spac,es :

| £ LPR%S & oo ViV\J nap, W dufine
Spec ("P) : Spec CS)—> S(pe.c,((l)
Pr—q7(P)

This induced Map i tontinous i, T preinage
o o closed et s closed:



C[Q.I'VV\-' {{l "(:P\es is o V{V\j Mmap od IQR)T\'\W
(Spec €))7 (V@) = V(9@

PE Pisg inthe LHs & TP e Vv(m)I™ T9'(®)

—

& HY(TYEP®E P s m fue RHS D

Con nechion to quoﬁw{'s o d |uco\li2-a‘|')%ﬁs

We ulvuw(g Rnow That Twe P Vi idkal.s ot R/I WV»Q}\
RCU‘—'] ave [n C_OV'V'CSPD'V\OLLH.CL W/ ertain  qubsets o4
Spec (KB ln fonet:

Cleim
0\.\ Tha map szo (R/]:\ - SP{&(R) i$ o l/lO'VY\A_oVVLoV'Pl/\i?Vh
A Spec (R/IS w/ \/<I) ggpec(R)

*

b) The map SF%(RCU-I—X\ — Sp—oc(R) s o
lf\,awworv\orphim oA dpec (RCU-(‘Q W/ Y S5pedR)
whoe Y= LPlUQP =8}

Pf See Hw 2,

¥ a howeomorphism is o continuous  invertible  map w hose

Wverse  ($ also con o



